A commutativity theorem for rings Steve Ligh and Anthony Richoux
Let R be a ring with an identity and for each x, y in R , k k k (xy) -x y for three consecutive positive integers k . It shown in this note that R is a commutative ring.
It is well known that each of the following conditions on any group G insures that G is commutative: there exists a noncommutative ring R with 1 satisfying the identity
for all x, y in I . For the ring-theoretic analogue of
(ii), a partial solution was given by Luh [6] . He showed that any primary k k k ring having the condition (xy) = x y for three consecutive positive integers k is commutative. The purpose of this note is to furnish a complete, but elementary, solution of the ring-theoretic analogue of (ii).
THEOREM. If R is a ring with 1 which satisfies the identities Since (l) holds for all x, y in S , substitute (x+l) for x and simplify, to get
Multiply (2) From (7) and (8) 
Finally replace y by {y+l) and use (10), to obtain xy -yx = 0 .
Thus R is commutative.
